ABSTRACT.
In order to prove a Radon-Nikodym theorem for the Bochner / from X to E such that 272(E) = fEfdfi (E e £).
A subset A of E is dentable if for every t > 0, there exists x e A such that x </ clco (A\5e(x)).
[jlere coß denotes the convex hull of B, clcoB is its closure and S((x) = \y e E: ||x -y|| < e}.] A bounded set A is called s- Proof. One implication is trivial. For the other, suppose A is not dentable. Then there exists 2e > 0 such that for each y e A, y e cl co(A\S2 (y)).
Suppose that x, y e A and ||x -y|| > c. Then y £ cl co(A\S (x)). On the other hand, if \x -y\\ < e, then S((x) C S 2f(y) so that y £ cl co (AV>2f(y))C cl co(A\S (x)), completing the proof.
Lemma 2. Suppose C is a closed convex set in E with nonempty interior (denoted by int C) and suppose C is not dentable. Then there exists e > 0 such that for each x £ C, int C C co [intC\5 (x)]. In particular, int C is not s-dentable. The equalities follow from the fact that the interior of a convex set coincides with the interior of its closure.
Proposition. // E contains a bounded nonempty set which is not dentable, then it contains a bounded closed convex and symmetric set C which is not dentable and which has nonempty interior.
In particular, E can be renormed so that the new unit ball is not dentable and the interior of the new unit ball is not s-dentable.
Proof. If A is a bounded nonempty set which is not dentable, then the same is true of the sets A. = Au(-A) (definition), A2 = clco A, (Rieffel [5, Proposition 2]) and A , = S + A2, where S is the closed unit ball of E (easy computation). Let C be the closure of A,. Again, by Rieffel's proposition, C is not dentable. By Lemma 2, int C is not s-dentable.
What we have shown is that every bounded subset of E is dentable if and only if every bounded subset of E is s-dentable. This yields the following corollary.
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